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ABSTRACT

The multieffect desalination (MED) process is one of the most efficient thermal desalination
processes due to its low energy consumption. Due to the recent developments in the desali-
nation industry, latest desalination plants are more cost effective than the older technology-
based plants. The primary goal of this paper is to investigate a mathematical model of an
MED system in such a way that, it is able to predict the optimum number of effects. The
number of effects for a specific plant is a major factor in determining thermal economy and
capital amortization. Also the gain output ratio of an MED unit is totally dependent on
steam economy and is directly proportional to the number of effects. The total cost of water
is dependent on two chief costs: steam cost and capital cost. In this paper, a compromise
has been made between these two costs to find optimum number of effects that would pro-
duce the minimum sum of the two cost components.
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1. Introduction

Water is one of the most abundant elements on the
earth. However, only 3% of the earth’s water is fresh,
non-saline, held in lakes, rivers, and reservoirs while
the remaining 97% is salt water in oceans [1]. Water
scarcity is one of the major issues in many regions of
the world today [2]. To overcome this problem, desali-
nation of sea water and brackish water is one of the
most promising techniques. The most commonly used
desalination methods are divided into two main cate-
gories: thermal and membrane techniques [3–8]. Multi-
effect desalination (MED) technology is one of the
imperative thermal desalination processes.

MED is the oldest desalination process which is
more energy efficient than other thermal desalination
processes like multistage flash (MSF) desalination,
because it is a low-temperature process and it reduces
energy consumption which is required to heat water
[9]. This technique is highly reliable and safe. Other
advantages of this technology include [10–13]:

(1) Very low electrical energy required compared
to the other thermal desalination processes
such as MSF.

(2) Can be adapted to any heat source including
low grade/low cost heat and hot water to
minimize the cost of energy.

(3) Thermodynamically more efficient than MSF,
and pressure drops are very low at high volu-
metric vapor flows.*Corresponding author.

1944-3994/1944-3986 � 2014 Balaban Desalination Publications. All rights reserved.

Desalination and Water Treatment 56 (2015) 2269–2275

Novemberwww.deswater.com

doi: 10.1080/19443994.2014.960468

mailto:almutaz@ksu.edu.sa
http://dx.doi.org/10.1080/19443994.2014.960468


(4) Temperature drop per effect is very low (1.5–
2.5˚C) due to increase in the heat transfer area
and thermodynamic efficiency, which enables
it to incorporate large number of effects with
a maximum brine temperature of 70˚C.

(5) Low operation and maintenance costs require-
ments.

(6) Does not require complex pre-treatment sys-
tems and operates with different seawater
conditions.

MED systems consist of several numbers of evapo-
rators arranged at decreasing level of pressure from
the first effect to the last one and an end condenser.
Several articles deal with the modeling and optimiza-
tion of MED systems. Khademi et al. presented the
steady-state simulation and optimization of a six-effect
evaporator system [14]. In this research, they pre-
sented the material and energy balance equations,
solution strategy, and optimization of the operating
conditions. The effect of feed flow rate, condenser
pressure, and feed temperature on the produced water
and gain output ratio was studied.

Darwish et al. studied different MED and MSF sys-
tems [15]. They developed mathematical models to
investigate the effect of different process parameters
of the distilled water on the unit cost. The parameters
included were specific flow rate of brine, performance
ratio (PR), specific heat transfer area, and top brine
temperature. Results showed that the conventional
MED system has the advantage over MSF system
when it operates at low top brine temperature and
uses a low-temperature heat source (hot water or
steam).

Druetta et al. presented on the mathematical mod-
eling and optimization of MED systems [16]. They
developed a highly nonlinear model to analyze the
performance of MED system. They studied the simul-
taneous optimization of the stream-flow patterns, the
size of each evaporation unit, and the operating condi-
tions of the MED system. Results showed a good
agreement with the real data. Results also showed that
the optimization of the flow patterns enhance perfor-
mance of the system.

N.M. Wade presented the recent developments of
the multistage flash (MSF) desalination and MED
desalination processes, and compared the costs of
water production with the reverse osmosis (RO) pro-
cess [17]. He concluded that the recent developments
in desalination technology and in energy efficiency
have led to significant cost savings both in running
and capital costs.

Aly and El-fiqi also developed a steady-state math-
ematical model to investigate both multieffect and

multistage desalination systems [18]. They also ana-
lyzed the influence of parameters controlling the pro-
duced water cost to other operating and design
parameters. Results showed that the performance ratio
is totally dependent on the number of effects of the
system. They investigated that by decreasing the num-
ber of effects, specific heat transfer area and perfor-
mance ratio decreases. So, it is necessary to find
optimum number of evaporation effects.

A great number of articles have been published
regarding MED system to the best of our knowledge;
economic optimization of the number of effects
through mathematical modeling has not been pre-
sented. So, a mathematical model will be presented in
this article to find optimum number of evaporation
effects which will give minimum cost for the distillate
water. By increasing the number of effects, the run-
ning cost decreases but on the other hand, capital cost
increases [18–20]. To tackle such problems, a compro-
mise must be found between these two extremes by
optimizing the number of effects.

2. Howe’s model

For the multieffect desalination (MED) plant, the
chief costs are divided into two major categories: capi-
tal costs and energy (steam) costs. Howe developed
an expression to calculate the total cost in terms of
area economy and steam economy which is given
below [21]:

C ¼ 0:9513 � a � b
D
A

þ 8333 � d � k
D
S

(1)

where C is cost of water in $/lb, a is capital cost of
plant per ft2 of total heat transfer surface, b is charges
on capital cost per annum as a fraction, D is distillate
produced in lb/hr, A is heat transfer area in ft2, d is
cost of steam in dollars per million Btu, S is the steam
flow rate in lb/hr, 0.9513 is ratio of 8,333 to hours in
one year, and 8,333 is pounds of water per kgal.

To get the cost of water in $/m3, above equation
can be modified as follows:

C ¼ 0:9513 � a � b
D
A

þ 8333 � d � k
D
S

 !
� 0:264 (2)

where C is in $/m3.
To study the influence of changing the number of

effects in the multieffect desalination plant, it is nor-
mally considered that D/S = 0.8 n [21]. A mathemati-
cal model is presented below to find the value of D/A
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as a function of n number of effects using the follow-
ing assumptions:

� Seawater is supplied to the first effect at its boil-
ing point.

� It is assumed that capacity is constant in this
analysis.

� Each effect and condenser have equal heat trans-
fer coefficient and heat transfer area.

� Amount of distillate produced from each effect
is same. The overall process based on these
assumptions is presented graphically in Fig. 1.

The amount of heat transferred in each effect will
be

q ¼ Di � k ¼ U � Ae � Dtm; i ¼ 1; 2; 3; . . .; n (3)

where Di = distillate produced in each effect, λ = latent
heat of distillate, U = overall heat transfer coefficient,
Ae = heat transfer area of one effect, and Δtm = mean
temperature difference for heat transfer.

Overall heat transfer coefficient (Ui) can be calcu-
lated from the following equation:

Ui ¼
1939:4þ 1:40562 � Ti � 0:0207525 � Tið Þ2 þ 0:0023186 � Tið Þ3
� �

1000

(4)

Latent heat of steam input to the MED process and
latent heat of distillate in each stage can be obtained
by using the following equation:

k ¼ 2589:583þ 0:9156 � T � 4:834 � 10�2 � T2 (5)

The total production of plant can be found by using
the following equation:

D ¼
X

Di (6)

For n number of effects, Eq. (3) can be modified as fol-
lows:

X
Di � k ¼ n �U � Ae � Dtm (7)

X
Di ¼ n

k

� �
�U � Ae � Dtm (8)

Fig. 1. Temperature profile of an MED system having n effects.
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So, Eq. (6) becomes,

D ¼
X

Di ¼ n

k

� �
�U � Ae � Dtm (9)

Dtm ¼ Dt� BPE (10)

where Δt is the temperature drop per effect.
By using above expression, Eq. (9) becomes,

D ¼ U � Ae

k

� �
� n � Dt� n � BPEð Þ (11)

The increase in the boiling temperature of water due
to the dissolved salts is called boiling point elevation
(BPE) which can be calculated by using the following
formula [22]:

BPE ¼ Xb � ½Bþ ðE � XbÞ� � ð10Þ�3 (12)

with

B ¼ ½6:71þ ð6:34 � ð10Þ�2 � TnÞ þ ð9:74 � ð10Þ�5 � ðTnÞ2Þ�
� ð10Þ�3

E ¼ ½22:238þ ð9:59 � 10ð Þ�3�TnÞ þ ð9:42 � ð10Þ�5 � ðTnÞ2Þ�
� ð10Þ�8

where Xb is the salt concentration of brine in parts per
million.

There is no boiling point elevation in the first
effect, so the overall temperature difference (ΔT) may
be defined as:

DT ¼ Th � Tc ¼ ðnþ 1Þ � Dt� BPE (13)

where Th is the condensing temperature of steam and
Tc is the inlet temperature of cooling water.

It is worth mentioning here that the overall tempera-
ture difference (ΔT) depends heavily on the seawater
temperature during summer which has an impact on
both energy and investment costs. To maintain a proper
temperature profile along the MED effects, the tempera-
ture of seawater is an essential parameter and it is con-
tinuously controlled by the plant when entering the
condenser. Normally, average value of seawater tem-
perature is provided for analysis.

By rearranging the above equation:

n � ðnþ 1Þ � Dt ¼ n � DT þ n � BPE (14)

n � Dt ¼ n

nþ 1

� �
� DT þ n

nþ 1

� �
� BPE (15)

The overall heat transfer area of the plant can be writ-
ten as:

A ¼ nþ 1ð Þ � Ae (16)

By using the values of Eqs. 15 and 16, equation 11
becomes:

D ¼ U

k

� �
� A

nþ 1

� �

� n

nþ 1
� DT þ n

nþ 1
� BPE� n � BPE

� �
(17)

Or

D

A
¼ U

k
� n

nþ 1ð Þ2 � DT þ n

nþ 1ð Þ2 � BPE� n

nþ 1
� BPE

" #

(18)

D

A
¼ U

k

� �
� n

nþ 1ð Þ2
 !

� DT � n � BPE½ � (19)

So Eq. (2) can be further modified as:

C ¼ 0:9513 � a � b
U
k

� 	 � n
nþ1ð Þ2

� �
� DT � n � BPE½ �

þ 8; 333 � d � k
0:8 � n

0
B@

1
CA

� 0:264
(20)

To find the minimum value of number of effects, Eq.
(20) can be differentiated with respect to n as follows:

ðn2 � 1Þ þ n � BPE � nþ 1ð Þ2
DT � n � BPE ¼ DT � n � BPEð Þ

� 10949:5 � U � d
a � b

� �� �
(21)

3. Results and discussion

3.1. Model validation

The input data has been adopted from Howe’s
book for model validation [21]. The basic variables
which are required to solve the above model are listed
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in Table 1. It can be seen from equation 20 that latent
heat of input steam and distillate of each stage is
required to calculate both energy and investment costs
which are also given in Table 1. Upon substituting
these input parameters into the above model, it gives
optimum number of effects nearly equal to 20, which
is almost the same as calculated by Howe. It means
that 20 is the optimum number that would produce
the minimum sum of the investments costs and
energy costs. Upon substituting 20 number of effects
in Eq. (20), it gives the minimum cost of both compo-
nents which is equal to 0.133 $/m3.

3.2. Parametric analysis

It is clear that the optimum number of stages of an
MED plant is strongly related to both energy costs
and investment costs. At first glance, it seems worth-
while to decrease the specific heat transfer area in the
MED system by reducing the number of effects, but
on the other hand, this will reduce the performance
ratio of the system. From the energy saving point of
view, it is good to select the highest possible number
of effects because any increase in the number of stages
causes an increase in the energy economy. This is true
until optimum number of effects reached. So, a com-
promise is necessary between these two costs to deter-
mine the optimum number of effects.

Figs. 2–5 show the parametric study to find opti-
mum number of stages of an MED system at different
conditions. Annual charges are kept constant in this
analysis. Fig. 2 illustrates the variation of steam cost
with changes in the number of effects for fixed capital
cost. As can be seen, by increasing the number of
effects, the cost of steam decreases at a diminishing
rate.

Fig. 3 shows the variation in capital cost by chang-
ing the number of effects of an MED system. It is clear

that the increase in capital investment is nearly linear
with the increase in the number of effects.

By increasing the number of effects, stem tempera-
ture decreases; the specific heat transfer area of the
evaporator/condenser in the MED unit increases,
which results in the increment of capital cost. But on
the other hand, this will reduce the efficiency of the
system because more effects are added into the system
which is not necessary. Also, it can be observed from
Fig. 4 that specific heat consumption is dependent on
the number of effects [23]. With the increase in the
number of effects, specific heat consumption decreases
drastically. Specific heat consumption is a hyperbolic
function of the number of effects as shown in Fig. 4.
Thus, it is necessary to find the optimum number of
effects.

Fig. 5 shows the influence of number of effects on
both capital and steam costs. As a result of steam and
capital curves, the third curve representing the sum of
the two cost components is also plotted in Fig. 5.
Thus, it can be seen that an increase in the number of
effects from 11 to 15 would decrease the water cost by
almost 0.029 $/m3. But if a further increase in number

Table 1
Process variables of an MED system [21]

Parameter Value Unit

Boiling point elevation (BPE) 1.0 ˚C
Total temperature difference (ΔT) 140 ˚C
Capital cost of plant (a) 64.5 $/m2

Charges on capital cost per
annum (b)

14% –

Cost of steam (d) 0.47 × 10−6 $/kJ
Overall heat transfer

coefficient (U)
3.4 kW/m2 K

Latent heat of input steam (λs) 2275.5 kJ/kg
Latent heat of stage distillate (λd) 2402.7 kJ/kg

St
ea

m
 C

os
t (

$/
m

3 )

Number of effects (n)

Annual charges=14 %
Capital cost= 0.0165 $/m 3

Fig. 2. Variation of steam cost with number of effects.

C
ap

it
al

 C
os

t (
$/

m
3 )

Number of effects (n)

Annual charges=14 %
Steam cost= 0.3309 $/m3

Fig. 3. Variation of capital cost with number of effects.
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of effects up to 20, it can be seen that the water cost
decreases by only an additional 0.0053 $/m3. It can
also be observed from the curves that the minimum
overall cost occurs at the point where both thermal
and capital costs are almost equal. So, it can be con-
cluded from Fig. 5 that 20 is the optimum number that
will give the minimum summation of both costs.

The model presented in this paper can be used to
calculate the optimum number of effects for different
values of annual charges and steam and capital costs.

4. Conclusion

A mathematical model of an MED system was pre-
sented to find the optimum number of effects. The
value of optimum number of MED effects is site
dependent because capital costs, energy costs, and
annual charges are different in different regions of the
world. It is not necessary that water cost increases by

increasing the number of effects because there is a cer-
tain limit for number of effects; beyond that, any
increase in number of effects will add extra cost. Opti-
mum number of effects was calculated in this paper
by using the Howe’s model, that would produce the
minimum sum of both steam and capital costs. To
ensure that no unnecessary costs have been paid, it is
essential to find optimum number of effects.
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Nomenclature
a — capital cost of plant, $/m2

A — heat transfer area, m2

b — charges on capital cost per annum
BPE — boiling point elevation, ˚C
C — total cost of water, $/m3

d — cost of steam, $/kJ
n — number of effects
D — distillate produced, kg/s
q — amount of heat transferred in each effect, kJ/s
S — steam flow rate, kg/s
T — temperature, ˚C
ΔT — overall Temperature difference, ˚C
U — heat transfer coefficient, kW/m2 K
X — salt concentration, ppm

Greek symbol
λ — latent heat of evaporation, kJ/kg

Subscripts
b — brine
c — condenser
e — effect
h — hot
i — effect number i
m — mean
n — last effect

References

[1] S.A. Kalogirou, Seawater desalination using renewable
energy sources, Prog. Energy Combust. Sci. 31 (2005)
242–281.

[2] A.D. Khawaji, I.K. Kutubkhanah, J.-M. Wie, Advances
in seawater desalination technologies, Desalination 221
(2008) 47–69.

[3] F. Al-Juwayhel, H. El-Dessouky, H. Ettouney, Analysis
of single-effect evaporator desalination systems com-
bined with vapor compression heat pumps, Desalina-
tion 114 (1997) 253–275.

Fig. 4. Variation of specific heat consumption as a function
of number of effects of an MED system [23].

W
at

er
 C

os
t 

($
/m

3 )

Number of effects (n)

Total cost

Steam cost

Capital cost

Fig. 5. Variation of steam costs and capital costs with num-
ber of effect.

2274 I.S. Al-Mutaz and I. Wazeer / Desalination and Water Treatment 56 (2015) 2269–2275



[4] V.V. Slesarenko, Thermal and membrane systems for
combined desalination plants, Desalination 182 (2005)
497–502.

[5] H. Ettouney, Visual basic computer package for ther-
mal and membrane desalination processes, Desalina-
tion 165 (2004) 393–408.

[6] A. Maciver, S. Hinge, B.J. Andersen, J.B. Nielsen, New
trend in desalination for Japanese nuclear power
plants, based on multiple effect distillation, with verti-
cal titanium plate falling film heat transfer configura-
tion, Desalination 182 (2005) 221–228.

[7] A. Altaee, A. Mabrouk, K. Bourouni, A novel forward
osmosis membrane pretreatment of seawater for
thermal desalination processes, Desalination 326 (2013)
19–29.

[8] A.N.A. Mabrouk, Technoeconomic analysis of once
through long tube MSF process for high capacity desa-
lination plants, Desalination 317 (2013) 84–94.

[9] A. Ophir, F. Lokiec, Advanced MED process for most
economical sea water desalination, Desalination 182
(2005) 187–198.

[10] M.A. Darwish, A.A. El-Hadik, The multi-effect boiling
desalting system and its comparison with the multi-
stage flash system, Desalination 60 (1986) 251–265.

[11] M. Al-Shammiri, M. Safar, Multi-effect distillation
plants: state of the art, Desalination 126 (1999) 45–59.

[12] M. Ameri, S.S. Mohammadi, M. Hosseini, M. Seifi,
Effect of design parameters on multi-effect
desalinationsystem specifications, Desalination 245
(2009) 266–283.

[13] H.T. El-Dessouky, H.M. Ettouney, Multiple-effect
evaporation desalination systems. Thermal analysis,
Desalination 125 (1999) 259–276.

[14] M.H. Khademi, M.R. Rahimpour, A. Jahanmiri, Simu-
lation and optimization of a six-effect evaporator in a
desalination process, Chem. Eng. Process: Process
Intensification 48 (2009) 339–347.

[15] M.A. Darwish, F. Al-Juwayhel, H.K. Abdulraheim,
Multi-effect boiling systems from an energy view-
point, Desalination 194 (2006) 22–39.

[16] P. Druetta, P. Aguirre, S. Mussati, Optimization of
multi-effect evaporation desalination plants, Desalina-
tion 311 (2013) 1–15.

[17] N.M. Wade, Distillation plant development and cost
update, Desalination 136 (2001) 3–12.

[18] N.H. Aly, A.K. El-Figi, Thermal performance of sea-
water desalination systems, Desalination 158 (2003)
127–142.

[19] T. Michels, Recent achievements of low temperature
multiple effect desalination in the western areas of
Abu Dhabi, UAE, Desalination 93 (1993) 111–118.

[20] H. Sayyaadi, A. Saffari, Thermoeconomic optimization
of multi effect distillation desalination systems,
Applied Energy 87 (2010) 1122–1133.

[21] Everett D. Howe, Fundamentals of Water Desalina-
tion, Marcel Dekker, Inc., New York, NY, 1974.

[22] H.M. Ettouney, H. El-Dessouky, Fundamentals of Salt
Water Desalination, Elsevier, Amsterdam, 2002.

[23] J. Kucera, Desalination: Water from Water, Wiley-
Scrivener, Salem, MA, 2014.

I.S. Al-Mutaz and I. Wazeer / Desalination and Water Treatment 56 (2015) 2269–2275 2275


	Abstract
	1. Introduction
	2. Howe`s model
	3. Results and discussion
	3.1. Model validation
	3.2. Parametric analysis

	4. Conclusion
	Acknowledgment
	References



